The authors have realized that the proof of Step 1 in [1, Theorem A] is incomplete. Precisely, in the proof of Step 1 we suppose that there exists a p-element x of index m where p is the set of primes dividing m and we have the following situation: C G ðxÞ is a direct product of a p-subgroup and a p 0 -subgroup and the class sizes of such p 0 -subgroup are at most two numbers: 1 or n. However, the case in which all of them are exactly equal to 1, that is, when the p 0 -subgroup is abelian, is omitted and this is the case we complete here by showing that it cannot happen.
Proof of
Step 1 of Theorem A. Let p be the set of primes dividing m and suppose that there exists a p-element x of index m. By using the primary decomposition of x we may assume that x is a p-element for some prime p A p. Also, if y is a p 0 -element of C G ðxÞ, then C G ðxyÞ ¼ C G ðxÞ V C G ð yÞ J C G ðxÞ and thus y has index 1 or n in C G ðxÞ, which is a p 0 -number. By Lemma 1, C G ðxÞ can be written as a direct product of a p-subgroup and a p 0 -subgroup; so C G ðxÞ ¼ C G ðxÞ p Â C G ðxÞ p 0 . Moreover, the class sizes of C G ðxÞ p 0 are 1 or n. If there are elements in this p 0 -subgroup having both class sizes, then by applying [1, Theorems 4 and 7] we deduce that G is solvable and the theorem is proved. We will prove that the other case leads to a contradiction. We assume then that C G ðxÞ p 0 is abelian, whence we may write C G ðxÞ ¼ S x Â T x , where S x is a p-subgroup and T x is an abelian p-complement of G. By a theorem of Wielandt (see for instance [2, Theorem 9.1.10]) all p-complements of G are conjugate and every p 0 -subgroup of G lies in some p-complement of G. Also, we notice that every noncentral p 0 -element of G has index m and that its centralizer is of the same type as of x. In fact, if w is a noncentral p 0 -element of G, then w A T g x for some g A G. Thus
This work is partially supported by Proyecto MTM2007-68010-C03-03 and by Proyecto GV-2009-021 and the first author is also supported by grant Fundació Caixa-Castelló P11B2008-09. Now, we claim that n ¼ jGj p 0 =jZðGÞj p 0 . Let z be an element of index mn and let us consider its decomposition z ¼ z p z p 0 . If w ¼ z p 0 is noncentral, by the above paragraph we have C G ðwÞ ¼ S w Â T w , with T w an abelian p-complement of G. Then, T w J C G ðzÞ, which is a contradiction. Hence, we can suppose z to be a p-element. We prove that C G ðzÞ ¼ H z Â K z , with H z a p-subgroup and K z an abelian p 0 -subgroup. To see this, take any p 0 -element t A C G ðzÞ and notice that C G ðztÞ ¼ C G ðzÞ V C G ðtÞ J C G ðzÞ. The maximality of the index of z implies that C G ðtÞ V C G ðzÞ ¼ C G ðzÞ, that is, t A ZðC G ðzÞÞ, so C G ðzÞ factorizes as wanted. Now, suppose that there exists a noncentral element t A K z . Then
where T t is a p-complement of G, and thus, z A S t and T t J C G ðzÞ, which is a contradiction. Therefore, K z is central, and so the claim is proved. Now, we take a an element of index n. By the equality obtained in the paragraph above, we can write C G ðaÞ ¼ H a Â ZðGÞ p 0 where H a is some Hall p-subgroup of G. Then, we can assume that a is a p-element, lying in ZðH a Þ. On the other hand, H a contains some Sylow p-subgroup P of G, so in particular, for the p-element x fixed at the beginning of the proof, we have x g A P J H a for some g A G. It follows that a A C G ðx g Þ ¼ S 
